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BAREM DE CORECTARE NOTARE
Problema 1

b) C"=(a-A+b-B)' =>C*(a-AS™ (b-B)"

Cum A-B=B-A=0, rezulta caC" =a" - A" +Dh" - B" , oo 1 punct
111
B"=2"-3"1-U,,UNde U =] 1 1 L, ittt s e 1 punct
111
AT =273 ((AD) U+ (=1) 87 Iy o 2 puncte
C" =273 (Uy (1) Uy #(=2)" 87 Iy o 1 punct
Problema 2
a) Obscapt z, =0 atunci |z, +z,|=|z,-z,| devine |z,|]=0<>z, =0, deci in acest caz afirmatia din
CONCIUZIC €StE AAGVATALA........veieeeiieeeiiecieeee ettt e et e et e e s tae e st e e e saeeesssaeenbrees bes 1 punct
Dacd z, #0si z, #0 atunci avem i+i 21 1 punct
7| [z]
Presupunand prin absurd ¢a |z,|> 2, |z,| > 2se obtine ﬁ + ﬁ <1 si finalizare..................... 1 punct
Zl ZZ
. . . 1 1
b) Dina)si z, #z, =2z #0,z,#0deci |z,+7,|=]z,- 2,/ & | =+ =1 s 1 punct
Zl Z2
. — . [cos(—t,)+isin cos(—t,)+isin(t
z, =T, (cost, +isint, ), k =12 atunci (1) (tl)+ (1) (2)§=1 .......... 1 punct
h ,
> .1 1 2cos(t -t
|Z|2 =Z-7 se deduce relatia: —2+—2+M = s 1 punct
rZL r2 r-lr2

COS(t_I_—tZ)zo: ri.=r2:\/§'t1:ﬂ-’t2:%i 21:— 2'22:i.\/§(sau alte

L G111 0] =) TS USSP PSPPI 1 punct



Problema 3
a) X, €(0,2), (V)N EN. oot 1 punct

f:(0,2)—>(0,2), f(x)=v4-2-x, X,,, = f(X,),(V)neN

Xonro =(F o F) (X ) (V)NEN si X =(Fof)(Xpy) (V)neN".
Din f strict descrescatoare, deducem ca f o f este Strict CreSCatoare.......covvvevveereesivesreesnesneens 1 punct

X, > X, >[5 -1 :>(fof)(x0)>(fof)(x2)>(fof)(ﬁ—l) S X >X,>5-1=
= (fof)(%)>(fof)(x)>(fof)(VB-1)x>x%>V6-1

Prin inductie se demonstreaza ca X,, > X,,,, > J5-1, (V)neN.

Analog, din x <¥<V5-1, fof strict crescatoare si X, =(fof)(Xy, ) (V)NeN" se
demonstreaza prin inductie cd X,, ; < X,,,; < J5 -1(V)ne N e 1 punct

b) 0<X,,, <v5-1(¥)neN" si(X,_,) strictcrescator, deci existd a=limx,,, (O; \/g—l] :

J5-1< X (V)N €Nsi (X,,)  strict descrescitor existd b=r|1i_r)’£10 Xon e[\/g—]; 2) ........................ 1 punct
a=+/4-2b si b=4-2a, a— db= J2 - |
a b 4-2b—(4-2a) ea b 2(a—b) -
J4-2b++4-2a J4-2b++/4-2a
=D SAU VA= 2D 4 =28 = 2 oottt ettt r ettt ee e neenans 1 punct

Dar, a=1imx,, , , (X,,), strict crescator si x, =1, deci a>1
n—o0
b=limx,,, (x,,), strict descrescator si X, >~/5-1(V)neN=b>5-1
n—

Din (1) si (2) avem cd a+b>1+/5-1=a+D> V5> 2o 1 punct
Cum a=+4-2b si b=+4—-2a rezulti ci J4—2b +/4—2a >2, adici relatia \J4—2b +/4—2a =2
este imposibila.

Rimane ci a=b si din ecuatia a =+/4—2a deducem ci a= J5-1.

in concluzie sirul (Xn )n este convergent si are limita N 1 punct




